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1 Introduction

The dynamics of epidemic communities with heterogeneous host populations are fairly
complex (so-called “diversity-disease relationships”), and even well-accepted hypotheses
such as the dilution effect are turning out to be more nuanced than previously thought
(Johnson, Ostfeld, and Keesing 2015; Randolph and Dobson 2012). One interesting
wrinkle in diversity-disease relationships that has so far received relatively little attention
is the so-called variance reduction effect (Fig. 1). This refers to a commonly observed
phenomenon in disease ecology where disease risk tends to be less variable in communities
with high species richness than in their less speciose counterparts (Fig. 1). Recently I
performed a modelling analysis which suggests that, when disease is density dependent
(ie. when transmission increases with host density), a key factor in producing a variance
reduction is the level of pathogen transmission between host sub-populations. These
results suggest that when disease communities exhibit a high degree of correlation in
host population infection risk they may become volatile. From a community ecology
perspective this idea is not new, the relationship between community complexity and
stability has been pointed out in food-web dynamics (May 2006) as well as community
biomass (Doak et al. 1998), but as far as I can tell relatively little work has been done
exploring these ideas in relation to disease ecology. Epidemics in plant communities are
situated at a unique intersection between landscape pattern and epidemic dynamics and
I think they will provide an excellent venue for bringing these ideas to disease ecology
(Holdenrieder et al. 2004; Plantegenest, Le May, and Fabre 2007).

The relationships between community-level factors and the variance or volatility of epi-
demic dynamics have important consequences for managers or policy-makers. More and
more epidemic management strategies rely on statisical models for forecasting pathogen
spread or comparing the efficacy of control strategies. However when epidemic dynamics
are volatile, forecasting them over policy-relevant timescales becomes extremely difficult.
Developing understanding about when the underlying systemic uncertainty is high is
therefore crucial for using forecasting tools properly.

In this work I prototype a data analysis of the relationship between the the variability
in disease risk between plant communities and the spatial fragmentation of those com-
munities. Specifically I will be considering the case of Sudden Oak Death, which has a
number of attractive features for this purpose. First, Sudden Oak Death infects a large
number of hosts, with the consequences of infection ranging from leaf blight to rapid
death. This degree of host diversity means that the disease is ideal for studying epi-
demic dynamics in heterogeneous host populations. Second, because management of the
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disease is largely focused on preventation and containment, Sudden Oak Death is well-
monitoredwith a lot of data and models for tracking and predicting its spread. Finally,
the transmission of Sudden Oak Death has a strong spatial component (Rizzo, Garbe-
lotto, and Hansen 2005) and forest fragmentation has been shown to have some effect
on pathogen transmission (Condeso and Meentemeyer 2007). Since forest fragmentation
is a suitable proxy for pathogen transmission between sub-communities (ie. “pockets”)
of the forest, then it also provides a good metric for assessing the relationship between
interpopulation transmission and epidemic volatility.

This project has two components: constructing a synthetic data set and designing a
statistical model to analyze its output. Synthetic data was generated by my implemen-
tation of a popular model of the spread of Sudden Oak Death, using parameter value
determined from epidemic data (Meentemeyer et al. 2011). The statistical analysis used
a hierarchical model of epidemic growth rates in forets communities with different levels
of fragmentation. The hierarchical nature of this model is a key element of this analysis,
as it is designed to assess the role of “hidden treatments” (Huston 1997). Typically these
refer to a class of phenomena observed in community ecology where community features
may appear to relate to species richness as a statistical artifact of the experimental design.
In the case of landscape fragmentation, it may be that there is more or less variability
between host communities with low amounts of fragmentation. Even if there was no
interaction between fragmentation and epidemic volatility, the changing variance on the
level of the landscape would produce an apparent variance effect in pathogen growth
rates. By employing a hierarchical model we can rigorously seperate these effects from
meaningful ecological relationships in the data.

2 Methods

2.1 Natural History

Sudden Oak Death (SOD) is caused by Phytophthera Ramorum, a water mold which is
known to infect at least 40 genera of plant hosts (Rizzo, Garbelotto, and Hansen 2005).
Since 1995 SOD has caused enormous amounts of damage to coastal forest in California
and Oregon, and has since spread elsewhere in North America and Europe.

P. Ramorum is transmitted between hosts in a number of ways and over multiple
scales. Aerial transmission occurs by the pathogen undergoing sporulation on the sur-
face of infected hosts, and spore dispersion can range from 10-15m (common) to up to
3km (rare). In addition to aerial transmission, P. Ramorum produces zoospores, which
are capable of swimming. Rain can therefore transmit the pathogen to adjacent hosts
by splashing or runoff, or can introduce spores to large waterways allowing for longer
distance tranmssion. Finally human or animal activity may also facilitate long-distance
transmission by either the translocation of infected hosts, or by unwittingly carrying
dormant spores to uninfected communities. These modes of transmission suggest that
landscape and weather can play a large role in the spread of P. Ramorum, which was
confirmed by Condeso and Meentemeyer 2007.

2.2 Generating Synthetic Data

My original goal was to use real data on Sudden Oak Death spread. However due to time-
constraints, for this project I instead generated synthetic data of a SOD epidemic. This
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Figure 1: Results from a study of the relationship between plant pathogen load and species richness
from Mitchell, Tilman, and Groth 2002 highlighting the dilution effect, but also the variance reduction
effect. Note that as richness increases the variance of the pathogen prevalence sharply decreases.
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(a) (b)

Figure 2: Two examples of host density data generated using a Gaussian process, dark green cells
indicate high host density, lighter cells indicate low density. By adjusting the range of spatial auto-
correlation I can control the amount of fragmentation; communities with more autocorrelation, such as
(b), are expected to have less fragmentation and thus higher amounts of interpopulation transmission
compared to the lower autocorrelation communities such as (a).

was done implementing a simplified model of Sudden Oak Death epidemics, following
Meentemeyer et al. 2011. Their model is relatively straightforward, and in its complete
form accounts for weather effects as well as heterogeneously susceptible host populations.
Furthermore they provide parameter estimates estimated from real epidemic data from
the California epidemics of the late 90’s and early 00’s. While Meentemeyer et. al. run
their model on a gridded map of California with real host species data, for simplicity (and
because I’m a novice at GIS) I will be using a square region with randomly generated
host density and ignoring weather effects. The host density data will be generated using
a Gaussian process (Fig. 2). See Appendix 1 for details of the model’s operation.

Using this model I simulated an SOD epidemic in 100 different host communities
at each of 7 levels of forest fragmentation (so 700 epidemics were simulated in total).
Infections were randomly seeded and epidemics were run for 13 weeks, and at each week
the total number of infected individuals was tallied and recorded giving 700 × 13 = 9100
data points.

2.3 Statistical Model

2.4 Volatility Model

Once the data was generated I disregarded any knowledge of the generation process, and
treated the data as if it was “genuine”. The aim is now to assess how forest fragmentation
impacts the volitility of an epidemic. Let y

(n,k)
t denote the number of infected individuals

at time t in community k = 1, ..., 100 which has fragmentation level n = 1, ..., 7. We
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assume that the epidemic follows a stochastic growth model, given as follows:

mn,k
t ∼ N(θ, ν)

ln(
yn,ky+1 − yn,kt

yn,kt

) = mn,k
t

(1)

The behavior of this model can be understood by rewriting:

yn,kt+1 = yn,kt (1 + em
n,k
t )

Hence mn,k
t is the log of the number of secondary infections produced by infectious

hosts during one time-step of the epidemic. This means that ν, the variance of these
(log) growth rates, reflects the inherent volatility of the epidemic, while θ gives average
growth rate in a single time step.

In this model the mn,k
t are treated as exchangeable random variables; we assume that

the passsage of time does not effect the distribution of these log growth rates. This
assumption does not hold for an epidemic over long periods of time, the growth rates of
an epidemic near its conclusion are generally smaller than those during its initial growth
phase. However, over a sufficiently short time window this does not appear to be a
particularly poor assumption, with one caveat: I omitted the first two growth rates mn,k

1

and mn,k
2 from my analysis, as these were almost always inconsistent with the other rates.

These “burn-in” growth rates tended to reflect the idiosyncracies of the random infection
seed rather than the true dynamics of the population. Furthermore, in a real analysis
one does not typically have access to data from the very start of the epidemic, so it is
reasonable to omit these data from a prototype analysis.

2.5 Hierarchical Modeling

A main goal aim of this project was to determine not only if forest fragmentation effected
the variance of epidemic outcomes, but also whether these changes were “true” effects,
or the result of “hidden treaments”. Hidden treatments were originally proposed in the
context of biodiversity-productivity studies and referred to cases where manipulating the
biodiversity of a population inadvertently manipulated features of that population that
effected community productivity (Huston 1997). This caused an apparent relationship
between species richness and things like community biomass, where none existed. This
concept extends fairly straightforwardly to landscape ecology. For example, in the context
of this project a hidden treatment might be a relationship between spatial autocorrelation
and the “path connectivity” of the host population. Path connectivity here refers to the
number of paths connecting two points in the forest that one could walk without leaving
the forest; it measures the redudancy of transmission pathways between two host trees in
the forest. It seems plausible that path connectivity is more proximally causal of epidemic
dynamics than autocorrelation, but because it is difficult to measure connectivity we use
autocorrelation instead. It’s possible, and indeed seems inuitively probable, that all
highly autocorrelated forests have very similar levels of path connectivity, whereas low-
autocorrelation forests have a wide variety of path connectivities. If path connectivity
strongly determines epidemic severity, and the variance of path connectivity is inversely
related to autocorrelation, then it would spuriously appear that the variance of epidemic
severity is also inversely related to autocorrelation, even though no such relationship
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exists. I would like my analysis methodology to allow for these kinds of relationships,
because they have different implications for management strategies.

To this end I used a Bayesian Hierarchical Model, sometimes referred to as “multilevel
modeling”, “random effects models” or “partial pooling” (Gelman 2006). This treats the
data as being drawn from a two-stage sampling process:

θn,k ∼ N(µn, σn)

mn,k
t ∼ N(θn,k, νn)

(2)

This model allows for variability to change at two levels. First we retain νn, the
volatility parameter for autocorrelation treatment level n. If we see νn changing over
different autocorrelation treatments then this implies a “true” effect, autocorrelation is
controlling the volatility of epidemic dynamics. On the other hand, we may see variance
changes occurring over the σn, which controls the variance at the level of the treatments.
This would suggest that there is a hidden treatment that is being manipulated, rather
than an actual effect on the growth rates themselves. Models of this type are fairly
straightforward to fit using Bayesian methoods, which I will be performed using the
popular statistical modeling languages Stan and R (˙stan:˙???),.

3 Results

The Bayesian approach to model fitting produces probability density functions, called
“posteriors”, over model parameters. An advantage of this approach is that credible
intervals (the Bayesian equivalent of confidence intervals) are straightforward to interpret.
A 90% credible interval means that we are 90% confident that the true parameter value
lies within that interval; the frequentist confidence intervals cannot be interpreted in this
way. Therefore I present boxplots which indicate both 50% and 90% credible intervals for
each of the treatment-level parameters in the hierarchical model (2). When the boxplots
for two parameters overlap significantly it suggests that the two parameters probably
have the same value, and the opposite holds when they do not overlap.

Fitting the model given in (2) shows that decreased fragmentation increases the mean
epidemic growth rate µn as well as the volatility of those growth rates νn, but has little
to no effect on the treatment level variance σn (see Figs 3-5). This suggests that the
hierarchical model was unnecessary, and that all variance changes in my synthetic data
were due to changing epidemic volatility. I confirmed this by also fitting a non-hierarchical
volatility model and comparing it to the fit of the hierarhical model. After penalizing
for model complexity (through the use of the Watanabe-Akaike Information Criterion) I
determined that the hierarchical model was indeed unecessary.

4 Discussion

The main takeaway of these results is that forest fragmentation does indeed impact
epidemic volatility, and that furthermore this relationship is highly non-linear. In Fig.
3 we see two clusters of volatility parameter values, so it appears that the system is
crossing some critical threshold of autocorrelation over which the epidemic dynamics go
from stable to volatile. I suspect that this thresholding occurs when the autocorrelation
causes the forest to switch from many small stands to a handful of larger ones. The
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Figure 3: Boxplots of the posterior samples for the epidemic volatility parameter. Based on the 90%
credible intervals shown here it seems reasonable to conclude that decreasing fragmentation increases epi-
demic volatility. Warning: the numbers along the axis are meaningless labels, fragmentation is decreasing
to the right (so ’7’=lowest fragmentation, ’1’=highest fragmentation).
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Figure 4: Boxplots of the posterior samples for the treatment-level average growth rate, µn. Warning:
the numbers along the axis are meaningless labels, fragmentation is decreasing to the right (so ’7’=lowest
fragmentation, ’1’=highest fragmentation).

nonlinearity of this transition is particularly interesting in light of the fact that the
relationship between mean epidemic growth and fragmentation actually appears to be
fairly linear (Fig. 4). The difference in trend between these two parameters suggests that
the volatility changes are not simply due to the epidemic “scaling up”, but rather that
there is a substantative mechanistic relationship in play.

The substance of this relationship is also confirmed by the lack of change in σn. In
Fig. 5 we see that the variance between the θ(n,k) is basically uneffected by fragmentation,
which implies that the hierarchical component of the statistical model is not necessary. I
did not think this result was likely at the start of the project, but in my opinion it’s the
most intetersting outcome.

With that said, I am hesitant to put too much stock into these results. My synthetic
data model notably lacked any weather effects, which play a major role in the transmission
dynamics of P. Ramorum, so all of these results could be an artifact of that particular
modeling choice. On the other hand the linear relationship between mean growth rate
and fragmentation (Fig. 4) does agree with the Condeso paper, which suggests that
the data model is behaving at least somewhat realistically, so it seems to reasonable to
expect similar volatility trends to occur in analysis of real data. Another shortcoming of
this analysis is that it focuses only on the early-time growth of the pathogen population,
which may not capture all subtleties of the epidemic behavior. Going forward it may be
better to compare the behavior over multiple time-scales to see if these volatility trends
only hold in the initial growth-phase of the epidemic.

I’m not entirely sold on the hierarchical model being unecessary, so going forward I
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Figure 5: Boxplots of the posterior samples for the treatment-level variance, σn. These suggest that
fragmentation has no effect on this parameter. Warning: the numbers along the axis are meaningless
labels, fragmentation is decreasing to the right (so ’7’=lowest fragmentation, ’1’=highest fragmentation).

would like to tweak my synthetica data model a little to see if I can get that to change.
It’s possible that the structure of my synthetic host populations is unrealistic in some
key way. I generated the Gaussian Processes with the R package gstat, which I found
a little limiting, and it may be better to implement these by hand instead, which could
allow for finer control of the spatial structure. I’d also like to see what happens if
instead of autocorrelation I use some other metrics of interconnectedness, such as path-
connectednes, Shannon Entropy, etc.

After sussing out the issues discussed above, my main goal is to put together an
actual GIS data set of Sudden Oak Death epidemics and feed them into my analysis
pipeline. I do suspect that the volatility relationships I see here will also show up in the
data, but I think a hidden treatment effect is likely to also occur and I’m wondering if I
won’t see more nonlinearities in µn as well. Furthermore I think that the volatility might
exhibit some temporal dependence that may have important management implications,
so assessing how these results change over different time scales will be important. Finally,
I would really like to look at how fragmentation interacts with the effect of weather and
temperature on pathogen spread, although this would require a much larger data set and
a refinement of the hierarchical model (2).

In this project I examined the behavior of a simple model of Sudden Oak Death
spread in a randomized host forest with varying fragmentation. I concluded that increased
forest fragmentation stabilizes epidemic dynamics, leading to less variability in pathogen
prevalence at any time-step. Furthermore I was able to determine that, at least with
the synthetic data, there is no hidden-treatment effect which leads me to believe that
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Par’m Def’n Value
β Pathogen transmission rate 4.4
Sit Number of susceptible hosts in cell i at time t -
Iit Number of infect hosts in cell i at time t -
Nmax Maximum number of host units in any cell -

K(d;α1, α2, γ) Distance kernel -
dij Dist between cells i and j -
α1 Short-range dispersal scale 20.57
α2 Long-range dispersal scale 9.5 × 1034
γ Proportion of short range dispersal events 0.9947

Table 1: Parameter definitions and values (where applicable) for the model given in (A.1). Dashes
indicate that the parameter had no fixed value.

auto-correlation of host competence may be a direct driver of epidemic dynamics in the
case of Sudden Oak Death.

5 Appendix

5.1 Appendix 1

Meentemeyer et. al. treat used gridded GIS data of host plant locations to assign a
“host susceptiblity index” to each grid cell in a map of California. This index effectively
represents the number of susceptible hosts in the cell. In this project the index for every
cell in a 50×50 forest grid was generated as the normalized output of a Gaussian Process.
The number of these suscpetibles which become infected in any given week is treated as
a Poission random variable, where the rate of this process for cell i at time step t is given
as:

ψit =
∑
j

βIjtSit

Nmax

K(dij;α1, α2, γ)

dij
(3)

Where parameter definitions and values are given in Table A.1
The distance kernel K(dij;α1, α2, γ) controls the range of pathogen transmission and

is given by K(dij;α1, α2, γ) = γ(1 + (d/α1)
2)−1 + (1 − γ)(1 + (d/α2)

2)−1.
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